
 

43 Boundary Behavior

let P polygonalregion with boundary P polygon

Then P is bounded stuply connected open
connected

Thm4.2 If F ID P is a conformalmap

then F extends to a continuous bijection

from the closure I to the closure P

In particular Flap 2D p cts bijective

Remark Thu4,2 isnottrue fu general propersimply connectedregions
It is true ar is a Jordan cave

t
Boundarymap

Egl D I cannotbe
injective
ProofOmitted
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is asimplyconnected properregion But F D r cannot

be extended continuously to 211 Proofomitted



PfofThm42
Recall that the Jacobian determinant of a holo function F
is 1F iz t when regarded as a 2 variables to 2 variables

transformation w fat
Hence for conformal F U F V

AreaFCO IF't Taxdy

lemma4.3 Let ZoeDID and

Cr 5 15 za r to 8 42

Suppose that for sufficiently small r

two points Zr Zr e IDnor are given and denote

per IF in Frill

Then I seq rn with two as n to such that

Ggpirn o

Pf Suppose not
Then I c o and oar Ya such that

fir z c f Oct ER

let a bethe arc on Cr joining tr e tr in ID

then Ftr FIZ t IF g ds



Parametrize d by 3 Zotreid 0,1nso e girl

then pass IF IF's Irdo
Cauchy Schwars s Soil lets i'rdo it'rda

E e at

g s s 21 Sj IF's i'rdo t re so R

to socket

clogtf e 211Sj IF's Irdo

215 SIT IF's I rdo 27Area P

It is a contradictionsincedog f is as do


